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Q BbisiBnieHMe aHOMaNbHbIX 00BHEKTOB
@ DBPUCTUKU AJ1St OUEHMBAHUS AaHOMAaNLHOCTU OOBEKTOB
@ OTcer BLIBPOCOB B HEMapaMETPUYECKON perpeccun
o Cucrematnsaums nogxofos

© Teopus pobactHoro (nomexoycToiiunsoro) obyueHuns
@ PobacTHble pyHKLMN NOTEpb
@ PobacTHble arperupytowme dyHKLMN
@ MeTogbl MTEPaLMOHHOrO B3BELUNBAHUS

© 3apaun c aHomanbHBIMK AN HOBLIMM Knaccamm
@ OpHoknaccosas knaccudprkauus
@ ObyueHune no Bbibopke ofHOMO Knacca
@ 3a4a4M C HOBBIMU MW HEU3BECTHLIMM KJ1aCCaMu



BhisiBneHne aHoManbHbIx 06bekTOB DBpPUCTUKMN ANSl OLEHMBAHNSI AaHOMaNbHOCTN 06BLeKToB
OTcee BbIGpocoB B HenapameTpu4eckoli perpeccun
CuncremaTusauns nogxonos

3apaun BuisieneHus aHomanuii (Anomaly Detection)

Buisisnenue Bbibpocos (Outlier Detection)
@ ownbkn B AaHHbIX 0byyatoLero nam TecToBoro obbekTa

@ HEeaJeKBATHOCTb MOAENN Ha HEKOTOPbIX obbekTax

Boisisnernne «HosusHbl» (Novelty Detection)

@ Huyero nopobHoro He 6bIN0O B 0byyatoweii BbIbopke

Mpumepbl npunoxeHuii
© obHapyxenune mowenHuyectsa (Fraud Detection)
@ obHapyxenune BropxeHnii (Intrusion Detection)
@ obHapy»eHue nHCalifepckoli Toprosau Ha Bupxe
@ obHapy>eHne HenonafoK no NokKasaHWsiM JaTHNKOB

@ meguumHckas guardoctuka (Medical Diagnosis)
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BhisiBneHne aHoManbHbIx 06bekTOB DBpPUCTUKMN ANSl OLEHMBAHNSI AaHOMAaNbHOCTN 06BLeKToB
OTceB BbIGpocoBs B HenapameTpu4eckoli perpeccun
CuncremaTusauns nogxonos

MeTtpuuyeckue mertogbl

AHOManbHOCTL 06BEKTa — paccTosiHue Ao ero k-ro bawkaiiwero

cocefla: 4emM 6OJ'IbIJJe, TE€M MEHbLUE NOoKa/ibHas NNOTHOCTb BbI60pKI/I
10 T T T T T T

npusHak 2

—4 I I I I I I
-4 -2 o 2 4 6 8 10

npu3Hak 1

M.M.Breunig, H.-P.Kriegel, R.T.Ng, J.Sander. Local outlier factor: identifying
density-based local outliers. 2000
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BhisiBneHne aHoManbHbIx 06bekTOB DBpPUCTUKMN ANSl OLEHMBAHNSI AaHOMAaNbHOCTN 06BLeKToB
OTceB BbIGpocoBs B HenapameTpu4eckoli perpeccun
CuncremaTusauns nogxonos

Cnyuaiinbiii nsonupytowuii nec (IsolationForest)

@ CrpouTca cny4vaiiHbiii nec gepeBbes
o Kaxgoe BeTBieHME: Cay4YaiiHbliA MPU3HAK 1 NOPOT
@ B kaxpom snncre octaérca Tonbko ofnH obbekT

@ AHOManbHOCTL 06BEKTa — CpeaHss rnybuHa NUCTLEB, B KOTOpbIE
OH NMONajaeT: YeM MeHblue, TeM bonee 0bBLEKT M30aMpPOBaH

Xo

rnybuHa 12 rnybuna 4

Fei Tony Liu, Kai Ming Ting, Zhi-Hua Zhou. Isolation Forest. 2008
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BhisiBneHne aHoManbHbIx 06bekTOB DBpPUCTUKMN ANSl OLEHMBAHNSI AaHOMAaNbHOCTN 06BLeKToB
OTceB BbIGpocoBs B HenapameTpu4eckoli perpeccun
CuncremaTusauns nogxonos

Cnyuaiinbiii nsonupytowuii nec (IsolationForest)

o CrpouTca cayydaiiHblii nec aepesbes
@ Kaxkpoe BeTBNeHME: CAyYaliHbliA NPU3HAK U NOPOT
@ B kaxpom nuncTe ocTaéTca TONbKO OfNH 0bBEKT

@ AHOManbHOCTL 06BEKTa — CpeaHss rnybuHa NUCTLEB, B KOTOpbIE
OH NMONajaeT: YeM MeHblue, TeM bonee 0bBLEKT M30aMpPOBaH

0.10
0.05 F oot . SR SR ¥
000  eo® LIRS ] -
—0.05 -~
—0.10{ - - - AL
—— oueHkwu IF, bootstrap=False [
0SB, 1| = ouennIF, bootstrap=True U
: —— oueHku IF, max_samples=0.3
: e®e BbibOpKa
~0.20 i 1 T T T
-2 0 2 4 6 8 10

https://dyakonov.org/2017 /04 /19/nouck-anomannii-anomaly-detection
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BhisiBneHne aHoManbHbIx 06bekTOB DBpPUCTUKMN ANSl OLEHMBAHNSI AaHOMAaNbHOCTN 06BLeKToB
OTceB BbIGpocoBs B HenapameTpu4eckoli perpeccun
CuncremaTusauns nogxonos

PaspgeneHue cmecu pacnpegeneHunii ¢ (poHOBO KOMMNOHEHTO

MopoxaaroLias Mogenb CMecu pacnpeneneHuii:

k
p(x) = wopo(x +ZWJ<PX9) Yowi=1, w0,
Jj=1 j=

BapuaHTbl 3aganus choHoBoro pacnpegenennsi ¢o(x):
@ paBHOMepHOe Ha BCEM X
@ rayCCOBCKOE C OrpOMHOIA hUKCUpOBaHHON Aucnepcueil

3apaya Makcumunzauum norapudma npasp,onop,o6m;|

l )4
L(w,0) = Ian(x,-) = Z In(w0¢0 xi) + Z w;o(x;, b; )) — r;l/aex
i=1

i=1 j=1

AHomanbHOCTb 0bbekTa x; — BeposTHocTb p(j = O|x;) Toro, uto
OH siBnsieTcs hoHOBbLIM, oueHnBaeTca Ha E-ware EM-anroputma
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BhisiBneHne aHoManbHbIx 06bekTOB DBpPUCTUKMN ANSl OLEHMBAHNSI AaHOMAaNbHOCTN 06BLeKToB
OTceB BbIGpocoBs B HenapameTpu4eckoli perpeccun
CuncremaTusauns nogxonos

PobacTHbii meTop, rnaBHbix komnoHeHT (Robust PCA)

fi(x), ..., fa(x) — ncxopHble YncnoBbie NpusHakm obbekTa x
gi(x),... 7gm(x) — HOBbI€ YNCOBbIE MpU3HaKM, m < n

fi(x) = Z gs(X)Ujs — PEKOHCTPYKLMS CTapbiX MO HOBbIM
=

HaiiTu: cpasy u Hoeble npusHaku G, n npeobpasosaHue U:

Y4 n
>3 (f) — f0))” = [ GU — I min

i=1 j=1

AHOMaIbHOCTb 06beKTa — HeM3BECTHbIN paspexenHbiii wym (g;)f_;

HGUT F— EH +)\HEHlH m|n
G,UE

roe GU™ — maTpuua HuM3Koro paHra, E — pa3spexeHHass maTpuua
i puy p

E.J.Candes, X.Li, Y.Ma, J.Wright. Robust Principal Component Analysis. 2009.
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BhisiBneHne aHoManbHbIx 06bekTOB DBpPUCTUKMN ANSl OLEHMBAHNSI AaHOMaNbHOCTN 06BLeKToB
OTceB BbIGpocoB B HenapameTpu4eckoli perpeccun
CuncremaTusauns nogxonos

HanomuHaHue. HenapameTtpu4eckas perpeccus

Mogenb perpeccun — KoHcTaHTa f(X, ) = v B OKPECTHOCTH X:
¢

2 .
Qa; X*) = Zl wi(x) (e = yi) " = min;
=
roe wi(x) = K(’)(X—h’x")) — Beca 0bbEeKTOB X; OTHOCUTENBLHO X;

K(r) — siapo, HeBo3pacTatoLLee, OrpaHMHYEHHOE, MaAKOE;
h — wnpnHa oKHa CraakKmBaHus.

®opmyna agepHoro crnaxxusauus Hapapas—BatcoHa:

w;(x) ' 1K<p(x—,;x")>
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BhisiBneHne aHoManbHbIx 06bekTOB DBpPUCTUKMN ANSl OLEHMBAHNSI AaHOMaNbHOCTN 06BLeKToB
OTceB BbIGpocoB B HenapameTpu4eckoli perpeccun
CuncremaTusauns nogxonos

Anroputm LOWESS (LOcally WEighted Scatter plot Smoothing)

Bxog: X¢ — obyuatowas eeibopka;
Bbixog: koadbpuumenTsl vy;, i=1,...,¢,
nHnugmanmsauus: v =1, i=1,...,¢;

NOBTOPATb
OLEHKIN CKOJb3SILLErO KOHTpOﬂﬂ B KaXKJoM obbekTe:

Z Yi K ( ()E;(,)BJ))
ai = an(xi; X \{x,})zjlé L i=1,...,4
k()
B J=1,j#i
~i = K(|a,- —y,-\), i=1,...,¢
noka kospuuneHTsl y; He CTabunusnpyorcs;

Gary W. Moran. Locally-Weighted-Regression Scatter-Plot Smoothing (LOWESS):
a graphical exploratory data analysis technique. 1984
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BhisiBneHne aHoManbHbIx 06bekTOB DBPUCTUKNA ANA OLEHNBAHUS aHO BHOCTU o6BbekToB

OTceB BbIGpocoB B HenapameTpu4eckoli perpeccun
CuncremaTusauns nogxonos

Mpumep paborbl LOWESS Ha cMHTETMYECKMX AAHHbIX

¢ =100, h=1.0, rayccosckoe saapo K(r) = exp(—2r?)
[Oee n3 100 Touek — BbIbpock ¢ opanHaTtamu y; = 40 u —40
B nanvom cnyyae LOWESS cxoanTtcs 3a Heckonbko ntepauunii:

4.0
35 A
3.0 A
254 °
2.0 A
1.5 4
1.0 4
05

0 4
-0.5 A
-1.0
-1.5 4
20 A

5 4 3 2 A 0 1 2 3 4 5
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BhisiBneHne aHoManbHbIx 06bekTOB DBpPUCTMKNA ANA OLEHNBAHUSA aHOManbHOCTU obbekToB

OTcee BbIGpocoB B HenapameTpu4eckoli perpeccun
CuncremaTusaums nogxonos

BuisiBnenne HoBusHbl (novelty detection) n apyrue 3agaun

AHomanbHocTb 0bbekTa (anomaly/novelty /surprise score) — 370
3HaueHue byHKLMM NoTepb .,%(a(x,-),y,-) Ha AaHHOM ObbekTe
BapunaHTbl oLueHMBaHMS aHOMaIbLHOCTH:
@ aHOMaNLHOCTL OLEeHUBAeTCs Ans obbekTa obyyatouleli
Bbibopkn (outlier) nnn gns Hosoro obwbekra (novelty)
@ notepsi 3aBucut ot y; (supervised) unn Het (unsupervised)
@ npu OUEHMBaHUN aHOMaNbHOCTK obyyarouiero obbekTa OH
nckntouaetca us suibopkn (a(xi; X\ x;)) nnm wer (a(x;; X%))
© (PyHKLMS NOTEPb Ta XKE, 4TO B KPUTEPUM ODyHeHNs nnm HeT
BapuaHTbl ncnosnb3oBaHUsi OLEHOK AaHOMAIbHOCTU:

@ >XECTKOe yfasieHne aHOMaJIbHbIX 0DBbEKTOB 13 BbIBOPKY
@ MSIrKOe MepeB3BELLNBAHNE BECOB OOBEKTOB

M.Salehi et al. A unified survey on anomaly, novelty, open-set, and out-of-distribution
detection: solutions and future challenges. 2021.
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PobacTHble cdyHKUMMN NoTepb
Teopus pobactHoro (nomexoycToitumsoro) obyqeHus PobacTtHble arperupytowme dpyHkLyun
MeTopb! nTepaumoHHoro B3BelwMBaHNA

OnTuMn3ayMOoHHbIe 3aA4a4U MALLIUHHOIO 00y4YeHuns

MocTaHoBKM 3afay perpeccun, Knaccudpmkaymm, KnacTepusaumi,
BOCCTAHOBNEHUS MAOTHOCTU, CHUXKEHUS Pa3MEPHOCTUA U ApPYrux
OT/INYAOTCS beHKLJ,VIﬂMVI notepb .Z;(a) n perynsipusauueii 7R(a):

ZW, (o) + TR(a) — min

a

Mpobnema: suibpockl MoryT nckaxats Zj(«) n kputepnii Q(«)
Npes: ymenbliaTs Beca w; Bbibpocos ¢ bonbummu Z(a)

Z,u )) + TR(e) — m|n

Z,u (@) VZi(a) + TVR(a) =0

W:
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PobacTHble cdyHKUMMN NoTepb
Teopus pobactHoro (nomexoycToitumsoro) obyqeHus PobacTtHble arperupytowme dpyHkLyun
MeTopb! nTepaumoHHoro B3BelwMBaHNA

WtepaunoHHoe B3BewnsaHue (lterative Reweighting Scheme, IRS)

Mycts p(r) — dyHKuMs MeaneHHoro pocra:
wu(r) =0, p/'(r) >0, p/(r)ybeisaer, p/'(r) — 0 npn r — +oo

Bxoa: Zj(a) — dpyHkunm noTteps Ha obyuarowyeii BbIbOPKE;
Bbixog: napameTpsl Mofenu ¢, Beca 0bbEKTOB wj;
NHNUNANN3auuns: w; .= %, i=1,...,4

NnoBTOPATL

¢
a:=argmin > w; Z(a) + 7R();
¢ i=1
w; :=norm (/' (Zi(a))), i=1,...,¢

noka seca w; He cTabunusmpytorcs;

rae norm(v;) = ZV"V, — onepauus HOPMUPOBAHMA BEKTOPA.
i Vi
HepocTaTok: BCE nnoxo, Koraa Bbibpockl 6onbLINE UAN UX MHOFO
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PobacTHble cdyHKUMMN NoTepb
Teopus pobactHoro (nomexoycToitumsoro) obyqeHus PobacTtHble arperupytowme dpyHkLyun
MeTopb! nTepaumoHHoro B3BelwMBaHNA

VlTepauMOHHOG B3BellNBaHNE HAaUMEHbLLUNX KBaapaToB

(Iteratively Reweighted Least Squares, IRLS)
Pobacthas perpeccusi: Zi(a) = |f(xi, o) — yi

Bxopa;: (x,~,y,-)ff:1 — obyyarowias Bbibopka;
Bbixog: napameTpbl MoAenn ¢, Beca 0bbEKTOB W;;
NHNUNANN3auuns: w; .= %, i=1,...,4
NnoBTOPSATL
4
o :=argmin > w; (f(xj, o) — y,-)2 + 7R(c);
A D] N——
/
1 (Zi(a))
w; i= norm ————*,
T )

noka seca w; He cTabunusmpytorcs;

=1,...,4

HepocTtaTok: BCE nnoxo, Koraa Bbibpockl bonblIME AN UX MHOIO
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PobacTHble cdyHKUMMN NoTepb

Teopus pobactHoro (nomexoycToitumsoro) obyqeHus PobacTtHble arperupytowme dpyHkLyun
MeTopb! nTepaumoHHoro B3BelwMBaHNA

DyHKUUN NoTepb Ana pobacTHoli perpeccum

Motepsa Zi(«) = p(r) — dyHkums p ot owmbku r = f(x;, ) — y;
KeagpaTuunas dyHkums noteps u(r) = r> — ne pobacTHas.

PobactHble hyHkuun noteps u(r), C napameTpom c:

@ max(0, |r] —¢) — kycouHo-nuHeiinas (SVM-regression)
° C(l — exp(—g—i)) — MewanknHa

1,2

=re, <
0 {2’ Il <¢ — Xbtobepa

rf=5, Irl=c

c2 ry2)\3
C1-(1-= <
° (:62( (L=2P)% Irl<e — Thtokn
&> Ir| > ¢
1-— I <
o ( cosc), Irl < c — Suapio

2¢, rl>c

Jonathan T. Barron. A General and Adaptive Robust Loss Function. 2019
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PobacTHble cdyHKUMMN NoTepb

Teopus pobactHoro (nomexoycToitumsoro) obyqeHus PobacTtHble arperupytowme dpyHkLyun
MeTopb! nTepaumoHHoro B3BelwMBaHNA

DyHKUUN NoTepb Ana pobacTHoli perpeccum

pobacTHble dyHKuMM notepb fu(r) byHkunmn Bappona pp(r)
4 5
p=2
3 1
1
2 3
1 2
p=0

-5 -4 -3 -2 -1 0 1 2 3 4 5
—mr —r/(1+)f) — sogr(m+1)-1 —— SVMR 0
— MewarkvH —— Xerobep —— Ttk —— SHApH 6 -5-4-3-2-101234356 p

CewmeiictBo dyHkuuii noteps BappoHa c napamerpom p:

2 p/2

—2
_lp—2| S L

p lp— 2|

pp(r)

Jonathan T. Barron. A General and Adaptive Robust Loss Function. 2019.
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PobacTHble cdyHKUMMN NoTepb
Teopus pobactHoro (nomexoycToitumsoro) obyqeHus PobacTtHble arperupytowme dpyHkLyun
MeTopb! nTepaumoHHoro B3BelwMBaHNA

Mpumep. PobacTtHas perpeccus

outliers: 0% outliers: 10%

pa—

-5 0 5 -0 -5 0 5
— .
’
. max(0, r—c) S
outliers: 30% outliers: 50%
= Xotobep ,’
&3 f—-: Toioku 4
g’\ ® Q
20 20 % < z8
NN
N
& RN 7
& X, 4
] ] ¥ ,
---"" Huber o --= Huber % P
—— Tukey o & .
40 & o 0
T T T T 40 == T T T
-0 -5 0 5 -0 -5 0 5 10 o c

HepocTaTok: BCE nnoxo, Koraa BbIbpockl 6onbLINE UAN UX MHOFO

3.M.LLIn63yxos. MeTofbl MalLMHHOrO Oby4YeHNS Ha OCHOBE MUHUMM3AL AN
CrNIa)KEHHbIX OLLEHOK CPeAHUNX, HEYYBCTBMTENbHbIX K Boibpocam. MMPO-2019.
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PobacTHble cbyHKLMM NoTepb
Teopus pobactHoro (nomexoycToitumsoro) obyqeHus PobacTtHble arperupytowme dpyHkLum
MeTopb! nTepaumoHHoro B3BelwMBaHNA

PobacTtHblie (ycToitumnBbie kK Bbibpocam) cnocobbl ycpeaHeHus

CpegHee apupmetudeckoe (HeycToliumsoe k bonbwmm Boibpocam):
1 ¢ 2
7>, zi=argmin ) (zi — u)
i=1 voi=1

PobacThble (ycToiiumBbie) cnocobbl ycpeaHeHus, onpegensiemble
yepes BapuayUOHHbIA P z() <o < () 3navennii Z1y ey 200

¢
@ mMeamaHa %(Z(L%IJ) + z((%l])) =argmin ) _ |z; — u|
Y=l

/
. ~. >
o y-ksartunb z(1) =argmin 3 |z — ul - { 12~ by
u s Zj
i=1

‘
@ LEeH3YpUPOBaHHOE CpeaHee % > min(z,-,z(m))
i=1

HepocTaTok: 3tn dyHkuuu ycpegHeHnsa HeguddepeHumpyemsl
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PobacTHble cbyHKLMM NoTepb
Teopus pobactHoro (nomexoycToitumsoro) obyqeHus PobacTtHble arperupytowme dpyHkLum
MeTopb! nTepaumoHHoro B3BelwMBaHNA

OO6wuii BMA 1 CBOWCTBa arperupytoumx pyHkuuii

Npesa 1: cpegHee 3aMeHNTb OQHOMEPHOU MUHUMM3aLUeER MO U
Npesa 2: 3aTem Mopynb 3aMeHUTb €ro raagkoii annpokcumameii

l
Q(a) = M(A(a),..., Z(a)) = arg muin Z d(zi — u)

z] Zy

CeoiictBa ¢pyHkyum necxogcerea (dissimilarity function) d(r):
@ crporo Bbinyknasi, d(r) >0, d(0)=0

CeoiictBa arperupyroweri pyrkymu M(z1, . .., z):
o M(z1) =127
® MOHOTOHHOCTb: 2z < z! — M(z1,...,2)) < M(z, ..., z)
o cummetpudHocte: M(zy, ..., 2z) = M(Zz(1y, - - - 5 Zn(e)) BNA YT
o cpepree no Kowu: mini{zj} < M(z,...,z) < maxi{z}
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PobacTHbie cyHkLMM NoTepb
Teopus pobactHoro (nomexoycToitumsoro) obyqeHus PobacTtHble arperupytowme dpyHkLum
MeTopb! nTepaumoHHoro B3BelwMBaHNA

Mpumepsbl crna)keHHbIx PYHKLUM HeCXoACTBa

CrnaxeHHbIl MOAyNb (418 annpoKCUMaunM MeauaHbl):

d-(r)=vVe2+r2P—¢ — ||

e—0

Crna>keHHbI HECUMMETPUYHBIA MOAYNb (A5 Y-KBAHTWIN):

2vd, >0 5 S0
de()= D r20 oy 2l e
2(1 - V)de(r)a r<Q e=0 2(1 o '7)“‘7 r<0
[— Irl — signr
b pin=Verr-e | — p=riEer? == rl 2y
) — )= (21N Irly '
2- 2}’\\‘\ ,x'/

K. B. BopoHuos (k.v.vorontsov@phystech.edu) MMMO: nouck aHomanuii n pobactHoe oby4qerue 20 / 33



P THble cbyHKLMM NoTepb
Teopus pobactHoro (nomexoycToitumsoro) obyqeHus PobacTtHble arperupytowme dpyHkLum
MeTopb! nTepaumoHHoro B3BelwMBaHNA

Eweé npumep: crnakeHHoe LLeH3ypupoBaHHOE cpefHee

Bocnonbayemcs Toxaecteom min(z;, u) = (zj + u) — 3|z — ul
4

M(zi,...,z0) =% 3 zi+ 2z —de(zi — 2,) —> 250 min(z,-,z(m))
i=1 '

¢
Zye = argmin ) dy.(zi — u) — Zm m=
! u 4 e—0

==+ min(z,u)

— Jz+u-Ve +(z-u)* +e)

4
0 u
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PobacTHble cbyHKLMM NoTepb
Teopus pobactHoro (nomexoycToitumsoro) obyqeHus PobacTtHble arperupytowme dpyHkLyun
MeTtoab! nTepaumoHHoro B3BelwMBaHNA

WNTepauvoHHoe B3BelunBaHue Ang arperupyrouweii pyHkumm

O606wéHHas MuHuMmM3aums smMnupuyeckoro pucka (ERM):
Q(a) = M(A(a),..., Z(a)) + TR(a) — moln

oM
VQ(a) = . @(gl(a)’ ., %)) VLi(a) + TVR(a) =0

iI=

w;
Anroputm utepayuotnHoro s3sewmsatus (IR-ERM):
noBTOPSATH
o= arg moin f: w; Zi(a) + TR(a);
(éj(iz), L), i=1,.4

noka Beca w; He CTabunnsupyroTcs;

w; =

oM
04

Tenepb pa3zbepémcs, Kak BbIYMCAATb NPON3BOAHbIE oz (21, e ,zz)
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PobacTHble cbyHKLMM NoTepb
Teopus pobactHoro (nomexoycToitumsoro) obyqeHus PobacTtHble arperupytowme dpyHkLyun
MeTtoab! nTepaumoHHoro B3BelwMBaHNA

oM

BbluncneHue 4acTHbIX npon3BoaHbIX E

3annwem HeobxoauMble ycioBusi skCcTpemyma no u = M
4
M(z,...,z) :argmuinZd(z,-—u) (%)
i=1
B BUJE YPaBHEHUS Zle d'(zi—M) = 0 oTHocuTensHo M,

oM .
npoanddePEHLMPYEM €ro MO Z, U BbIpa3uM OTCHOAA Bz,

14
> d"(zi = M)2(z — M) =0
i=1
d"(zx — M) = 5 Z d"(zj — M)
M "z = M
8_ = Zd (2 ) =norm d”(zx — M)
Oz 3T d"(zi—M)  *

OcTtanock pasobpatbes, kak Bolancasate u = M B 3agade (x)
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PobacTHble cbyHKLMM NoTepb
Teopus pobactHoro (nomexoycToitumsoro) obyqeHus PobacTtHble arperupytowme dpyHkLyun
MeTtoab! nTepaumoHHoro B3BelwMBaHNA

OpHomepHasa 3agada ontumusauyuu no M

4

Y1066l pewats ypasHenue » d'(zi — M) = 0 oTHocuTensHo M
i=1

METOLOM MPOCTON uTepaunu, npegcrasum ero 8 suge M = f(M):

C (g —
27‘1(_’ M)(z,-—M):0

=1

¢
Z Zj SD(ZI' - M) ¢
M== =5z norm o(zi — M), rae p(r) =
Yopa—my

NHTepecho, yto M — cpepHeB3elnenHoe 3Hadennii {z;}.
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PobacTHble cbyHKLMM NoTepb
Teopus pobactHoro (nomexoycToitumsoro) obyqeHus PobacTtHble arperupytowme dpyHkLyun
MeTtoab! nTepaumoHHoro B3BelwMBaHNA

HdocTtaTo4Hoe ycnoBve CX0AMMOCTU MeToga NPOCTOi mTepauuu

Mpouecc My1 = f(M;) cxoputes, ecn |f'(M)] < 1
B OKPECTHOCTMN HenogsuxHoi Toukn M = f(M).

iZiZi p(zi — M)
oM 3. p(zi — M)
Mocne B3aTMA npoussogHoii no M:
Xz = M) ¢/ (zi = M)
‘Zi LP(Zi - M)‘

JaHHOe ycnoBue HeTpyAHO MPOBEPSIETCA A/S1 KAaXKAO0W KOHKPETHOIA
dyHkuuu d(r), n pns 6oNbWMHCTBA NOME3HBIX d OHO BbIMOJIHEHO.

<1

<1

Beliakov G., Sola H., Calvo T. A practical guide to averaging functions. 2016.

3. M. LLn63yxos. MuHumMunsaumm pobacTHbIX OLEHOK CYMM MapaMeTpU30BaHHbIX
dyHkunii. 2019.
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PobacTHble cbyHKLMM NoTepb
Teopus pobactHoro (nomexoycToitumsoro) obyqeHus PobacTtHble arperupytowme dpyHkLyun
MeTtoab! nTepaumoHHoro B3BelwMBaHNA

Cobupaem Bcé BoeguHo: anroputm IR-ERM

Bxoa: Zj(a) — dpyHkunm noTteps Ha obyuqaroweii BbIbOPKE;
Bbixoa: napameTpbl Mogenmn «, Beca obbekToB w;;

UHUUManM3aums w; .= %, i=1,...,¢

NoBTOPSATb '

a:=argmin > w;. Z(a) + 7R(a);
@ j=1
zi := %i(«); wnangnanmsaums M = Zle w;zj;

NOBTOPATH

r

4 ,
M =S zinorm o(zi — M), rae o(r) = <4,
=1 !

noka 3HadeHune M He coligércs;
w; :==normd’(z; — M), i=1,... ¢

1

noka Beca w; He CTabunnsupyroTcs;
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Teopus pobactHoro (nomexoycToitumsoro) obyqeHus

Pol

THble pyHKLMM NoTepb

PobacTtHble arperupytowme dpyHkLyun

MeToabl ntepaumoHHoro B3BelwnBaHNS

Mpumep 1. PobacTtHas perpeccus (nnHeiiHas)

299% outliers

38% outliers

49% outliers

-
- 1er -
— (147

-
—_ 14
— i +r)

-
1P -1
— (147

29% outliers, Y = 0.70

38% outliers, 7 = 0.61

8
o®
&>
<6
4

—_ 1
In(147)

= Moo+

204

—_—1ar
- (1477

—_— Ml

In(1+r)

—_— M

-10

-5 0 5

-10

-10

Arperupytowas dyHkuus cnpasasietca gaxe ¢ 49% sbibpocos

3.M.LLIn63yxos. MeTofbl MalLMHHOrO Oby4YeHNS Ha OCHOBE MUHUMM3AL AN

CrNIa)KEHHbIX OLLEHOK CPeAHUNX, HEYYBCTBMTENbHbIX K Boibpocam. MMPO-2019.

K. B. Bopohuos (k

vorontsov@phystech.edu)

MMMO
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PobacTHble cbyHKLMM NoTepb
Teopus pobactHoro (nomexoycToitumsoro) obyqeHus PobacTtHble arperupytowme dpyHkLyun
MeTtoab! nTepaumoHHoro B3BelwMBaHNA

Mpumep 2. PobactHas knaccudukauyusa (SVM)

SVM outiiers: 23% SVM outliers: 33% SVM outliers: 44%

Robust SVM (= 0.49) outliers: 33%

20 4 €2

Arperupytowas dyHkuusa cnpasasietca gaxe ¢ 44% sbibpocos

3.M.LLIn63yxos. MeTofbl MalLMHHOrO Oby4YeHNS Ha OCHOBE MUHUMM3AL AN
CrNIa)KEHHbIX OLLEHOK CPeAHUNX, HEYYBCTBMTENbHbIX K Boibpocam. MMPO-2019.
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YHKLUMN NoTepb

Teopus pobactHoro (nomexoycToitumsoro) obyqeHus PobactHbie arperupytowme cyHkymum
MeTogbl utepauvoHHoro BaBewnBaHUs

Mpumep 3. PobacTtHas knactepusauyus

2 clusters, 7=0.15 3clusters,y =0.20 4 clusters, @ = 0.25

5 clusters, 7 = 0.30 6 clusters, ¥ =0.35 7 clusters, Y = 0.40

J. % ¥ Rk ¥ . #
¥ !?; | *i ® *i

Ecnu B paHHbIX CMeLaHO HECKOJIbKO 3aBUCMMOCTEiA, TO BMECTO
KOMMPOMWUCCHOIO «HaTAMMBaHUS» OLHOW MOAENN HA BCe AaHHble
pobacTHbIE METOALI MOAENNPYIOT OCHOBHYHO, UFHOPUPYS OCTaNbHbIE
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OpHoknaccosasa knaccudpumkaymna
ObyueHne no Bbibopke ogHoro knacca
3apaqn ¢ aHOMasbHBIMU UM HOBLIMK KJaccamm 3afaqn ¢ HOBLIMY WAN HEW3SBECTHBIMM Knaccamu

OpHoknaccosblii SVM (one-class SVM, OSVM)

OaHo: obyuarowas seibopka {x; e R": i =1,... (¢}
Haiitu: uentp ¢ € R" n paguyc r wapa,
OXBaTLIBAIOLLErO BCHO BLIOOPKY KpoMme
aHOMaJlbHbIX 06BEKTOB-BLIBPOCOB

o

Kputepuii: mMuHummusauus paguyca wapa
N CyMMbl LWTPachOB 3a BLIXOA W3 LIapa:
-0
¢
vr? +Z$(r2 — [|x; — ¢|[*) — min
— —_———— c,r
i=1 ¢i=margin(c,r)
Mpn Z(¢) = (—()+ croiicTea pewenuns ananorudns SVM:
@ Boinyknas 3ajava KBagpaTU4HOro NporpamMmMmpoBaHis

@ PelueHne paspexkeHo — 3aBUCUT TOJILKO OT OMOPHbIX 0O BEKTOB
@ ObobuieHne Ha HenuHeliHble Mogenu: (i, Xj) — K(x;i, Xj)
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OpHoknaccosasa knaccudpumkayma
Ob6y4eHne no sbibopke ogHoro knacca
3apaqn ¢ aHOMasbHBIMU UM HOBLIMK KJaccamm 3afgaqn c HOBLIMW WAN HEWSBECTHBIMM Knaccamu

YacTHeii cny4aii SSL: PU-learning (Positive and Unlabeled)

Mpumepbl 3agay, Koraa N3BeCTHb OOBEKTHI TONBLKO OAHOrO Knacca:
@ ObHapy)eHMe MOLIEHHNYECKMX TPpaH3aKuuii
@ pekoMeHJaTesbHble CUCTEMbI, NEPCOHANN3ALMNSA pPeKnaMbl

@ aBTOMaTu4eckoe nonosnHeHue Hasbl 3HaHUli hbakTamm

Mogenb aByxknaccosoii knaccudpumkauun a(x;, w).
HepasmeueHHble TpakTytoTcs kak HeraTueHble ¢ Becom C_ < Cy:

Z%f (a(xi, w), +1) +Z[ I X,',W),*].)%»TR(W)*)mMi/n
i=1 i=k+1

Opawnu un3 ycnewHbix metogos — Biased SVM.

Gang Li. A Survey on Positive and Unlabelled Learning. 2013.
J.Bekker, J.Davis. Learning From Positive and Unlabeled Data: A Survey. 2020.
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OpHoknaccoeas cundpukaymna
ObyueHne no Bbibopke ogHoro knacca
3apaqn ¢ aHOMasbHBIMU UM HOBLIMK KJaccamm 3apa4m c HOBBIMW MM HEWSBECTHLIMM KJlaccamu

3apauun knaccudukaumy ¢ HepMKCMpoBaHHbIM HabOpPOM KnaccoB

. T Face : Open Set
Multi-class Classification Detection

2 W
;@1
Closed o

A a Open
v % >

© Ob6biuHas MHoroknaccosas kKnaccudukayms

© [oobyueHne mogenn Ha KaK4oM HOBOM Kiacce

© [etekTuposaHne obBLEKTOB OAHOrO Knacca NPOTUB OCTasIbHbIX
(One-Class Classification)

@ PacnozHaBaHue ¢ OTKpbLITEIM Habopom knaccos
(Open-Set Recognition — Open-World Recognition)

Walter J. Scheirer. https://www.wjscheirer.com/projects/openset-recognition
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Pesome

@ lpupona aHOMaNBLHOCTU OBBLEKTOB:
— nomexn (0LUVI6KI/I, lwym, Fpﬂ3b) B MCXOAHbIX AaHHbIX,
— MOAeNb NJ0XO OMNUCBLIBAET NPpUMECKN NOCTOPOHHUX ﬂBJ’IeHI/Iﬁ,
— PErynsapHoO NoABAAETCA 4YTO-TO NPUHLNNNANBHO HOBOE.

@ [lpocToii cnocob oTcesa Hambonee rpybbix BbIOpOCOB —
NCKNOYaTh OBBEKTBI C HAMBONBLLLINMY 3HAYEHUSIMUN MNOTEPD.

o Pepkuii gna ML cayyaii: MUHUMKU3MPYETCA He CymMMa MoTepb
LA+ -+ %, a obobwénnoe cpepgnee M(Z1, ..., %).

@ [Npupoga aHOManbHOCTM KNACCOB:
— HEBO3MOXHOCTb cobpaTb obyuatowine obbEKTHI Kilacca,
— AMHAMNYECKOe YBEMYEHNEe YMCAa KNacCoB

@ He cywecteyer ngeansHoro cnocoba onpegeneHusi aHomManui.
SIBHO min HesiBHO mpefnofaraetcsi < MOAESb aHOMAaNNmM>.

3.M.LLIn63yxos. Munnmmnsaumum pobacTHbIX OLLEHOK CYMM MapaMeTpPn30BaHHbIX
cyHKkunmii. 2019.

M.Salehi et al. A unified survey on anomaly, novelty, open-set, and out-of-distribution
detection: solutions and future challenges. 2021.
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