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Òåìàòè÷åñêîå ìîäåëèðîâàíèå: ¾î ÷¼ì âñå ýòè òåêñòû?¿

Äàíî: êîëëåêöèÿ òåêñòîâûõ äîêóìåíòîâ

ndw � ÷àñòîòà ñëîâ (òåðìîâ) w ∈ W â äîêóìåíòå d ∈ D

|T | � ñêîëüêî òåì õîòèì îïðåäåëèòü â êîëëåêöèè D

Íàéòè: òåìàòè÷åñêóþ ÿçûêîâóþ ìîäåëü

p(w |d) =
∑

t∈T

p(w |��❅❅d , t) p(t|d) =
∑

t∈T

φwtθtd

p(w |t) = φwt � èç êàêèõ ñëîâ w ñîñòîèò êàæäàÿ òåìà t ∈ T

p(t|d) = θtd � èç êàêèõ òåì t ñîñòîèò êàæäûé äîêóìåíò d

Êðèòåðèé: ïðàâäîïîäîáèå ïðåäñêàçàíèÿ ñëîâ w â äîêóìåíòàõ d

ñ äîïîëíèòåëüíûìè êðèòåðèÿìè-ðåãóëÿðèçàòîðàìè Ri(Φ,Θ):
∑

d∈D

∑

w∈d

ndw ln
∑

t∈T

φwtθtd +
∑

i

τiRi(Φ,Θ) → max
Φ,Θ

Hofmann T. Probabilisti
 Latent Semanti
 Indexing. ACM SIGIR, 1999.
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Êðèòåðèé ìàêñèìóìà ïðàâäîïîäîáèÿ

Ïðàâäîïîäîáèå � ïëîòíîñòü ðàñïðåäåëåíèÿ âûáîðêè (di ,wi )
n
i=1:

n
∏

i=1

p(di ,wi ) =
∏

d∈D

∏

w∈d

p(d ,w)ndw

Ìàêñèìèçàöèÿ ëîãàðè�ìà ïðàâäîïîäîáèÿ

∑

d∈D

∑

w∈d

ndw ln p(w |d)✟✟✟❍❍❍p(d)
const

→ max
Φ,Θ

ýêâèâàëåíòíà ìàêñèìèçàöèè �óíêöèîíàëà

L(Φ,Θ) =
∑

d∈D

∑

w∈d

ndw ln
∑

t∈T

φwtθtd → max
Φ,Θ

ïðè îãðàíè÷åíèÿõ íåîòðèöàòåëüíîñòè è íîðìèðîâêè ñòîëáöîâ

(òàêèå ìàòðèöû Φ,Θ íàçûâàþòñÿ ñòîõàñòè÷åñêèìè)

φwt > 0;
∑

w∈W

φwt = 1; θtd > 0;
∑

t∈T

θtd = 1.

Ê.Â. Âîðîíöîâ (k.v.vorontsov�physte
h.edu) ÏÌÌÎ: òåìàòè÷åñêîå ìîäåëèðîâàíèå 4 / 43



Âåðîÿòíîñòíîå òåìàòè÷åñêîå ìîäåëèðîâàíèå

�åãóëÿðèçàòîðû è ìîäàëüíîñòè

Ìîäåëèðîâàíèå âçàèìîñâÿçåé â òåêñòàõ

Öåëè, ïðèëîæåíèÿ, ïîñòàíîâêà çàäà÷è

Ìàêñèìèçàöèÿ íà åäèíè÷íûõ ñèìïëåêñàõ

Àääèòèâíàÿ ðåãóëÿðèçàöèÿ òåìàòè÷åñêèõ ìîäåëåé

Òðè èíòåðïðåòàöèè çàäà÷è òåìàòè÷åñêîãî ìîäåëèðîâàíèÿ

1. Ìÿãêàÿ êëàñòåðèçàöèÿ äîêóìåíòîâ ïî êëàñòåðàì-òåìàì

2. Íèçêîðàíãîâîå ñòîõàñòè÷åñêîå ìàòðè÷íîå ðàçëîæåíèå:

3. Àâòîêîäèðîâùèê äîêóìåíòîâ â òåìàòè÷åñêèå ýìáåäèíãè:

� êîäèðîâùèê fΦ :
ndw
nd

→ θd
� äåêîäèðîâùèê gΦ : θd → Φθd

çàäà÷à ðåêîíñòðóêöèè:

∑

d

nd KL
(

ndw
nd

∥

∥ 〈φw , θd 〉
)

→ min
Φ,Θ

p(w |d)
(

ndw
nd

)

p(t|d)
θd

p̂(w |d)
〈φw ,θd〉
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Çàäà÷è, íåêîððåêòíî ïîñòàâëåííûå ïî Àäàìàðó

Çàäà÷à êîððåêòíî ïîñòàâëåíà

ïî Àäàìàðó, åñëè å¼ ðåøåíèå

ñóùåñòâóåò,

åäèíñòâåííî,

óñòîé÷èâî.

Æàê Ñàëîìîí Àäàìàð

(1865�1963)

Íàøà çàäà÷à ìàòðè÷íîãî ðàçëîæåíèÿ íåêîððåêòíî ïîñòàâëåíà:

åñëè Φ,Θ � ðåøåíèå, òî ñòîõàñòè÷åñêèå Φ′,Θ′
� òîæå ðåøåíèÿ

Φ′Θ′ = (ΦS)(S−1Θ), rank S = |T |

L(Φ′,Θ′) = L(Φ,Θ) � ëèíåéíî íåçàâèñèìûå ðåøåíèÿ

L(Φ′,Θ′) > L(Φ,Θ)− ε � ïðèáëèæ¼ííûå ðåøåíèÿ

�åãóëÿðèçàöèÿ � äîîïðåäåëåíèå ðåøåíèÿ, êðèòåðèè Ri (Φ,Θ)
Ñêàëÿðèçàöèÿ � ñëîæåíèå íåñêîëüêèõ êðèòåðèåâ ñ âåñàìè
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Öåëè è íå-öåëè òåìàòè÷åñêîãî ìîäåëèðîâàíèÿ

Öåëè:

Âûÿâëÿòü òåìàòè÷åñêóþ êëàñòåðíóþ ñòðóêòóðó òåêñòîâîé

êîëëåêöèè, ñêîëüêî â íåé òåì è î ÷¼ì îíè

Ïîëó÷àòü èíòåðïðåòèðóåìûå òåìàòè÷åñêèå âåêòîðíûå

ïðåäñòàâëåíèÿ (ýìáåäèíãè) ñëîâ p(t|w), p(t|d ,w),
äîêóìåíòîâ p(t|d), �ðàãìåíòîâ p(t|s), îáúåêòîâ p(t|x)

�åøàòü çàäà÷è ïîèñêà, êàòåãîðèçàöèè, ñåãìåíòàöèè,

ñóììàðèçàöèè ñ ïîìîùüþ òåìàòè÷åñêèõ ýìáåäèíãîâ

Íå-öåëè:

Óãàäûâàòü ñëîâà ïî êîíòåêñòó (ÒÌ ñëàáû êàê ìîäåëè ÿçûêà)

Ïîíèìàòü ñìûñë òåêñòà

�åíåðèðîâàòü ñâÿçíûé òåêñò
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Íåêîòîðûå ïðèëîæåíèÿ òåìàòè÷åñêîãî ìîäåëèðîâàíèÿ

ðàçâåäî÷íûé ïîèñê â ïîèñê òåìàòè÷åñêèõ âûÿâëåíèå è îòñëåæèâàíèå

ýëåêòðîííûõ áèáëèîòåêàõ ñîîáùåñòâ â ñîöñåòÿõ öåïî÷åê íîâîñòåé

ìóëüòèìîäàëüíûé ïîèñê àíàëèç áàíêîâñêèõ ïîèñê ïàòòåðíîâ â çàäà÷àõ

òåêñòîâ è èçîáðàæåíèé òðàíçàêöèîííûõ äàííûõ áèîèí�îðìàòèêè

J.Boyd-Graber, Yuening Hu, D.Mimno. Appli
ations of Topi
 Models. 2017.

H.Jelodar et al. Latent Diri
hlet allo
ation (LDA) and topi
 modeling: models,

appli
ations, a survey. 2019.
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Çàäà÷à ìàêñèìèçàöèè �óíêöèè íà åäèíè÷íûõ ñèìïëåêñàõ

Ïóñòü Ω = (ωj)j∈J � íàáîð íîðìèðîâàííûõ íåîòðèöàòåëüíûõ

âåêòîðîâ ωj = (ωij)i∈Ij ðàçëè÷íûõ ðàçìåðíîñòåé |Ij |:

Ω =

























Çàäà÷à ìàêñèìèçàöèè �óíêöèè f (Ω) íà åäèíè÷íûõ ñèìïëåêñàõ:






















f (Ω) → max
Ω

;
∑

i∈Ij

ωij = 1, j ∈ J;

ωij > 0, i ∈ Ij , j ∈ J.
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Àääèòèâíàÿ ðåãóëÿðèçàöèÿ òåìàòè÷åñêèõ ìîäåëåé

Íåîáõîäèìûå óñëîâèÿ ýêñòðåìóìà è ìåòîä ïðîñòûõ èòåðàöèé

Îïåðàöèÿ íîðìèðîâêè âåêòîðà: pi = norm
i∈I

(xi ) =
max(xi , 0)

∑

k max(xk , 0)

Ëåììà. Ïóñòü f (Ω) íåïðåðûâíî äè��åðåíöèðóåìà ïî Ω.
Åñëè ωj � âåêòîð ëîêàëüíîãî ýêñòðåìóìà çàäà÷è f (Ω) → max
è ∃i : ωij

∂f
∂ωij

> 0, òî ωj óäîâëåòâîðÿåò ñèñòåìå óðàâíåíèé

ωij = norm
i∈Ij

(

ωij
∂f

∂ωij

)

.

×èñëåííîå ðåøåíèå ñèñòåìû � ìåòîäîì ïðîñòûõ èòåðàöèé

Âåêòîðû ωj = 0 îòáðàñûâàþòñÿ êàê âûðîæäåííûå ðåøåíèÿ

Èòåðàöèè ïîõîæè íà ãðàäèåíòíóþ îïòèìèçàöèþ:

ωij := ωij + η
∂f

∂ωij

,

íî ó÷èòûâàþò îãðàíè÷åíèÿ è íå òðåáóþò ïîäáîðà øàãà η
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Àääèòèâíàÿ ðåãóëÿðèçàöèÿ òåìàòè÷åñêèõ ìîäåëåé

Íàïîìèíàíèÿ. Óñëîâèÿ Êàðóøà�Êóíà�Òàêêåðà

Çàäà÷à ìàòåìàòè÷åñêîãî ïðîãðàììèðîâàíèÿ:















f (x) → min
x
;

gi (x) 6 0, i = 1, . . . ,m;

hj(x) = 0, j = 1, . . . , k .

Íåîáõîäèìûå óñëîâèÿ. Åñëè x � òî÷êà ëîêàëüíîãî ìèíèìóìà,

òî ñóùåñòâóþò ìíîæèòåëè µi , i = 1, . . . ,m, λj , j = 1, . . . , k :






























∂L

∂x
= 0, L (x ;µ, λ) = f (x) +

m
∑

i=1
µigi (x) +

k
∑

j=1
λjhj(x);

gi (x) 6 0; hj(x) = 0; (èñõîäíûå îãðàíè÷åíèÿ)

µi > 0; (äâîéñòâåííûå îãðàíè÷åíèÿ)

µigi (x) = 0; (óñëîâèå äîïîëíÿþùåé íåæ¼ñòêîñòè)
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Àääèòèâíàÿ ðåãóëÿðèçàöèÿ òåìàòè÷åñêèõ ìîäåëåé

Äîêàçàòåëüñòâî ëåììû î ìàêñèìèçàöèè íà ñèìïëåêñàõ

Çàäà÷à: f (Ω) → max
Ω

;
∑

i∈Ij

ωij = 1, ωij > 0, i ∈ Ij , j ∈ J.

Ôóíêöèÿ Ëàãðàíæà:

L (Ω;µ, λ) = −f (Ω) +
∑

j∈J

λj

(

∑

i∈Ij

ωij − 1
)

−
∑

j∈J

∑

i∈Ij

µijωij .

Óñëîâèÿ Êàðóøà�Êóíà�Òàêêåðà äëÿ âåêòîðà ωj :

∂f (Ω)
∂ωij

= λj − µij , µijωij = 0, µij > 0.

Óìíîæèì îáå ÷àñòè ïåðâîãî ðàâåíñòâà íà ωij :

Aij ≡ ωij
∂f (Ω)
∂ωij

= ωijλj .

Ñîãëàñíî óñëîâèþ ëåììû ∃i : Aij > 0. Çíà÷èò, λj > 0.

Åñëè

∂f (Ω)
∂ωij

< 0 äëÿ íåêîòîðîãî i , òî µij > 0 ⇒ ωij = 0.

Òîãäà ωijλj = (Aij)+; λj =
∑

i

(Aij)+ ⇒ ωij = norm
i

(Aij).
�
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Àääèòèâíàÿ ðåãóëÿðèçàöèÿ òåìàòè÷åñêèõ ìîäåëåé

ARTM: àääèòèâíàÿ ðåãóëÿðèçàöèÿ òåìàòè÷åñêèõ ìîäåëåé

Ìàêñèìèçàöèÿ ëîãàðè�ìà ïðàâäîïîäîáèÿ ñ ðåãóëÿðèçàòîðîì:

∑

d,w

ndw ln
∑

t∈T

φwtθtd +R(Φ,Θ) → max
Φ,Θ

; R(Φ,Θ) =
∑

i

τiRi(Φ,Θ)

EM-àëãîðèòì: ìåòîä ïðîñòîé èòåðàöèè äëÿ ñèñòåìû óðàâíåíèé

E-øàã:

M-øàã:



























ptdw ≡ p(t|d ,w) = norm
t∈T

(

φwtθtd
)

φwt = norm
w∈W

(

nwt + φwt
∂R
∂φwt

)

, nwt =
∑

d∈D

ndwptdw

θtd = norm
t∈T

(

ntd + θtd
∂R
∂θtd

)

, ntd =
∑

w∈d

ndwptdw

Âîðîíöîâ Ê. Â. Àääèòèâíàÿ ðåãóëÿðèçàöèÿ òåìàòè÷åñêèõ ìîäåëåé êîëëåêöèé

òåêñòîâûõ äîêóìåíòîâ. Äîêëàäû �ÀÍ, 2014.
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Äîêàçàòåëüñòâî (ïî ëåììå î ìàêñèìèçàöèè íà ñèìïëåêñàõ)

Ïðèìåíèì ëåììó ê log-ïðàâäîïîäîáèþ ñ ðåãóëÿðèçàòîðîì:

f (Φ,Θ) =
∑

d,w

ndw ln
∑

t∈T

φwtθtd + R(Φ,Θ) → max
Φ,Θ

φwt = norm
w∈W

(

φwt
∂f

∂φwt

)

= norm
w∈W

(

φwt
∑

d∈D

ndw
θtd

p(w |d)
+ φwt

∂R

∂φwt

)

=

= norm
w∈W

(

∑

d∈D

ndwptdw + φwt
∂R

∂φwt

)

;

θtd = norm
t∈T

(

θtd
∂f

∂θtd

)

= norm
t∈T

(

θtd
∑

w∈W

ndw
φwt

p(w |d)
+ θtd

∂R

∂θtd

)

=

= norm
t∈T

(

∑

w∈d

ndwptdw + θtd
∂R

∂θtd

)

.

�
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�åãóëÿðèçàòîðû è ìîäàëüíîñòè

Ìîäåëèðîâàíèå âçàèìîñâÿçåé â òåêñòàõ

Öåëè, ïðèëîæåíèÿ, ïîñòàíîâêà çàäà÷è

Ìàêñèìèçàöèÿ íà åäèíè÷íûõ ñèìïëåêñàõ

Àääèòèâíàÿ ðåãóëÿðèçàöèÿ òåìàòè÷åñêèõ ìîäåëåé

Óñëîâèÿ âûðîæäåííîñòè ìîäåëè äëÿ òåì è äîêóìåíòîâ

�åøåíèå ìîæåò áûòü âûðîæäåííûì äëÿ íåêîòîðûõ òåì

(ñòîëáöîâ ìàòðèö Φ) è äîêóìåíòîâ (ñòîëáöîâ ìàòðèöû Θ).

Òåìà t âûðîæäåíà, åñëè äëÿ âñåõ òåðìîâ w ∈ W

nwt + φwt
∂R
∂φwt

6 0.

Åñëè òåìà t âûðîæäåíà, òî p(w |t) = φwt ≡ 0; ýòî îçíà÷àåò,

÷òî òåìà èñêëþ÷àåòñÿ èç ìîäåëè (ïðîèñõîäèò îòáîð òåì).

Äîêóìåíò d âûðîæäåí, åñëè äëÿ âñåõ òåì t ∈ T

ntd + θtd
∂R
∂θtd

6 0.

Åñëè äîêóìåíò d âûðîæäåí, òî p(t|d) = θtd ≡ 0; ýòî îçíà÷àåò,

÷òî ìîäåëü íå â ñîñòîÿíèè îïèñàòü äàííûé äîêóìåíò.
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�åãóëÿðèçàòîðû è ìîäàëüíîñòè

Ìîäåëèðîâàíèå âçàèìîñâÿçåé â òåêñòàõ

PLSA, LDA, �îíîâûå òåìû è äåêîððåëèðîâàíèå

Ìóëüòèìîäàëüíûå òåìàòè÷åñêèå ìîäåëè

Êëàññè�èêàöèÿ è ðåãðåññèÿ íà òåêñòàõ

PLSA è LDA � äâå ñàìûå èçâåñòíûå òåìàòè÷åñêèå ìîäåëè

PLSA: probabilisti
 latent semanti
 analysis [Hofmann, 1999℄

(âåðîÿòíîñòíûé ëàòåíòíûé ñåìàíòè÷åñêèé àíàëèç):

R(Φ,Θ) = 0.

Ì-øàã � ÷àñòîòíûå îöåíêè óñëîâíûõ âåðîÿòíîñòåé:

φwt = norm
w

(

nwt
)

, θtd = norm
t

(

ntd
)

.

LDA: latent Diri
hlet allo
ation (ëàòåíòíîå ðàçìåùåíèå Äèðèõëå):

R(Φ,Θ) =
∑

t,w

βw lnφwt +
∑

d,t

αt ln θtd .

Ì-øàã � ÷àñòîòíûå îöåíêè ñ ïîïðàâêàìè βw > 0, αt > 0:

φwt = norm
w

(

nwt + βw
)

, θtd = norm
t

(

ntd + αt

)

.

Hofmann T. Probabilisti
 latent semanti
 indexing. SIGIR 1999.

Blei D., Ng A., Jordan M. Latent Diri
hlet Allo
ation. NIPS-2001. JMLR 2003.
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Êëàññè�èêàöèÿ è ðåãðåññèÿ íà òåêñòàõ

Áàéåñîâñêàÿ è êëàññè÷åñêàÿ ðåãóëÿðèçàöèÿ

Áàéåñîâñêèé âûâîä àïîñòåðèîðíîãî ðàñïðåäåëåíèÿ p(Ω|X )
(ãðîìîçäêèé, ïðèáëèæ¼ííûé) ðàäè òî÷å÷íîé îöåíêè Ω:

Posterior(Ω|X , γ) ∝ p(X |Ω)Prior(Ω|γ)

Ω := argmax
Ω

Posterior(Ω|X , γ)

Ìàêñèìèçàöèÿ àïîñòåðèîðíîé âåðîÿòíîñòè (MAP)

äà¼ò òî÷å÷íóþ îöåíêó Ω íàïðÿìóþ, áåç âûâîäà Posterior:

Ω := argmax
Ω

(

ln p(X |Ω) + lnPrior(Ω|γ)
)

Ìíîãîêðèòåðèàëüíàÿ àääèòèâíàÿ ðåãóëÿðèçàöèÿ (ARTM)

îáîáùàåò MAP íà ëþáûå ðåãóëÿðèçàòîðû è èõ êîìáèíàöèè:

Ω := argmax
Ω

(

ln p(X |Ω) +
∑

i=1

τiRi (Ω)
)

Ê.Â. Âîðîíöîâ (k.v.vorontsov�physte
h.edu) ÏÌÌÎ: òåìàòè÷åñêîå ìîäåëèðîâàíèå 17 / 43



Âåðîÿòíîñòíîå òåìàòè÷åñêîå ìîäåëèðîâàíèå

�åãóëÿðèçàòîðû è ìîäàëüíîñòè

Ìîäåëèðîâàíèå âçàèìîñâÿçåé â òåêñòàõ

PLSA, LDA, �îíîâûå òåìû è äåêîððåëèðîâàíèå
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Êëàññè�èêàöèÿ è ðåãðåññèÿ íà òåêñòàõ

�àñïðåäåëåíèå Äèðèõëå

�èïîòåçà. Âåêòîð-ñòîëáöû φt = (φwt) è θd = (θtd )
ïîðîæäàþòñÿ ðàñïðåäåëåíèÿìè Äèðèõëå, α ∈ R

|T |
, β ∈ R

|W |
:

Dir(φt |β) =
Γ(β0)

∏

w

Γ(βw )

∏

w

φ
βw−1
wt , φwt > 0; β0 =

∑

w

βw , βw > 0;

Dir(θd |α) =
Γ(α0)

∏

t

Γ(αt)

∏

t

θαt−1
td , θtd > 0; α0 =

∑

t

αt , αt > 0;

Ïðèìåð. �àñïðåäåëåíèå Dir(θ|α) ïðè |T | = 3, θ, α ∈ R
3
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Êëàññè�èêàöèÿ è ðåãðåññèÿ íà òåêñòàõ

Ïðèìåð. Âûáîðêè èç òð¼õ 10-ìåðíûõ âåêòîðîâ θ ∼ Dir(θ|α)
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Êëàññè�èêàöèÿ è ðåãðåññèÿ íà òåêñòàõ

Ìàêñèìèçàöèÿ àïîñòåðèîðíîé âåðîÿòíîñòè äëÿ ìîäåëè LDA

Ñîâìåñòíîå ïðàâäîïîäîáèå äàííûõ è ìîäåëè:

ln
∏

d∈D

∏

w∈d

p(w , d |Φ,Θ)ndw
∏

t∈T

Dir(φt |β)
∏

d∈D

Dir(θd |α) → max
Φ,Θ

�åãóëÿðèçàòîð � ëîãàðè�ì àïðèîðíîãî ðàñïðåäåëåíèÿ:

R(Φ,Θ) =
∑

t,w

(βw − 1) lnφwt +
∑

d,t

(αt − 1) ln θtd

Ì-øàã � ñãëàæåííûå èëè ðàçðåæåííûå ÷àñòîòíûå îöåíêè:

φwt = norm
w

(

nwt + βw − 1
)

, θtd = norm
t

(

ntd + αt − 1
)

.

ïðè βw > 1, αt > 1 � ñãëàæèâàíèå,

ïðè 0 < βw < 1, 0 < αt < 1 � ñëàáîå ðàçðåæèâàíèå,

ïðè βw =1, αt=1 àïðèîðíîå ðàñïðåäåëåíèå ðàâíîìåðíî, PLSA.
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Êëàññè�èêàöèÿ è ðåãðåññèÿ íà òåêñòàõ

Îáîáùåíèå LDA: ðåãóëÿðèçàòîð ñãëàæèâàíèÿ è ðàçðåæèâàíèÿ

Îáùèé âèä ðåãóëÿðèçàòîðà ñãëàæèâàíèÿ è ðàçðåæèâàíèÿ:

R(Φ,Θ) = β0
∑

t∈T

∑

w∈W

βwt lnφwt + α0

∑

d∈D

∑

t∈T

αtd ln θtd → max,

ãäå β0 > 0, α0 > 0 � êîý��èöèåíòû ðåãóëÿðèçàöèè,

βwt , αtd � ïàðàìåòðû, çàäàâàåìûå ïîëüçîâàòåëåì:

βwt > 0, αtd > 0 � ñãëàæèâàíèå

βwt < 0, αtd < 0 � ðàçðåæèâàíèå

Âîçìîæíûå ïðèìåíåíèÿ ñãëàæèâàíèÿ è ðàçðåæèâàíèÿ:

çàäàòü �îíîâûå òåìû ñ îáùåé ëåêñèêîé ÿçûêà

çàäàòü øóìîâóþ òåìó äëÿ íåòåìàòè÷íûõ òåðìîâ

çàäàòü ïñåâäî-äîêóìåíò ñ êëþ÷åâûìè òåðìàìè òåìû

ñêîððåêòèðîâàòü ñîñòàâ òåðìîâ è äîêóìåíòîâ òåìû
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�àçäåëåíèå òåì íà ïðåäìåòíûå è �îíîâûå

Ïðåäìåòíûå òåìû S ñîäåðæàò òåðìèíû ïðåäìåòíîé îáëàñòè,

p(w |t), p(t|d), t ∈ S � ðàçðåæåííûå, ñóùåñòâåííî ðàçëè÷íûå

Ôîíîâûå òåìû B ñîäåðæàò ñëîâà îáùåé ëåêñèêè,

p(w |t), p(t|d), t ∈ B � ñóùåñòâåííî îòëè÷íûå îò íóëÿ

ΦW×T ΘT×D
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Êëàññè�èêàöèÿ è ðåãðåññèÿ íà òåêñòàõ

�åãóëÿðèçàòîð äåêîððåëèðîâàíèÿ òåì

Öåëü: óñèëèòü ðàçëè÷íîñòü òåì; âûäåëèòü â êàæäîé òåìå

ëåêñè÷åñêîå ÿäðî, îòëè÷àþùåå å¼ îò äðóãèõ òåì;

âûâåñòè ñëîâà îáùåé ëåêñèêè èç ïðåäìåòíûõ òåì â �îíîâûå.

Ìèíèìèçèðóåì êîâàðèàöèè ìåæäó âåêòîð-ñòîëáöàìè φt :

R(Φ) = −
τ

2

∑

t∈T

∑

s∈T\t

∑

w∈W

φwtφws → max .

Ïîäñòàâëÿåì â �îðìóëû Ì-øàãà, ïîëó÷àåì åù¼ îäèí âàðèàíò

ðàçðåæèâàíèÿ � êîíòðàñòèðîâàíèå ñòðîê ìàòðèöû Φ
(ìàëûå âåðîÿòíîñòè φwt â ñòðîêå ñòàíîâÿòñÿ åù¼ ìåíüøå):

φwt = norm
w

(

nwt − τφwt
∑

s∈T\t

φws

)

.

Tan Y., Ou Z. Topi
-weak-
orrelated latent Diri
hlet allo
ation. 2010
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Ìóëüòèìîäàëüíàÿ ARTM

Wm
� ñëîâàðü òîêåíîâ m-é ìîäàëüíîñòè, m ∈ M

Ìàêñèìèçàöèÿ ñóììû log ïðàâäîïîäîáèé ñ ðåãóëÿðèçàöèåé:

∑

m∈M

τm
∑

d∈D

∑

w∈Wm

ndw ln
∑

t∈T

φwtθtd + R(Φ,Θ) → max
Φ,Θ

EM-àëãîðèòì: ìåòîä ïðîñòîé èòåðàöèè äëÿ ñèñòåìû óðàâíåíèé

E-øàã:

M-øàã:



























ptdw = norm
t∈T

(

φwtθtd
)

φwt = norm
w∈Wm

(

nwt + φwt
∂R
∂φwt

)

, nwt =
∑

d∈D

τm(w)ndwptdw

θtd = norm
t∈T

(

ntd + θtd
∂R
∂θtd

)

, ntd =
∑

w∈d

τm(w)ndwptdw

K.Vorontsov, O.Frei, M.Apishev et al. Non-Bayesian additive regularization for

multimodal topi
 modeling of large 
olle
tions. CIKM TM workshop, 2015.
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Ìîäàëüíîñòü áèãðàìì óëó÷øàåò èíòåðïðåòèðóåìîñòü òåì

Êîëëåêöèÿ 850 ñòàòåé êîí�åðåíöèé ÌÌ�Î, ÈÎÈ íà ðóññêîì

ðàñïîçíàâàíèå îáðàçîâ â áèîèí�îðìàòèêå òåîðèÿ âû÷èñëèòåëüíîé ñëîæíîñòè

unigrams bigrams unigrams bigrams

îáúåêò çàäà÷à ðàñïîçíàâàíèÿ çàäà÷à ðàçäåëÿòü ìíîæåñòâà

çàäà÷à ìíîæåñòâî ìîòèâîâ ìíîæåñòâî êîíå÷íîå ìíîæåñòâî

ìíîæåñòâî ñèñòåìà ìàñîê ïîäìíîæåñòâî óñëîâèå çàäà÷è

ìîòèâ âòîðè÷íàÿ ñòðóêòóðà óñëîâèå çàäà÷à î ïîêðûòèè

ðàçðåøèìîñòü ñòðóêòóðà áåëêà êëàññ ïîêðûòèå ìíîæåñòâà

âûáîðêà ðàñïîçíàâàíèå âòîðè÷íîé ðåøåíèå ñèëüíûé ñìûñë

ìàñêà ñîñòîÿíèå îáúåêòà êîíå÷íûé ðàçäåëÿþùèé êîìèòåò

ðàñïîçíàâàíèå îáó÷àþùàÿ âûáîðêà ÷èñëî ìèíèìàëüíûé à��èííûé

èí�îðìàòèâíîñòü îöåíêà èí�îðìàòèâíîñòè à��èííûé à��èííûé êîìèòåò

ñîñòîÿíèå ìíîæåñòâî îáúåêòîâ ñëó÷àé à��èííûé ðàçäåëÿþùèé

çàêîíîìåðíîñòü ðàçðåøèìîñòü çàäà÷è ïîêðûòèå îáùåå ïîëîæåíèå

ñèñòåìà êðèòåðèé ðàçðåøèìîñòè îáùèé ìíîæåñòâî òî÷åê

ñòðóêòóðà èí�îðìàòèâíîñòü ìîòèâà ïðîñòðàíñòâî ñëó÷àé çàäà÷è

çíà÷åíèå ïåðâè÷íàÿ ñòðóêòóðà ñõåìà îáùèé ñëó÷àé

ðåãóëÿðíîñòü òóïèêîâîå ìíîæåñòâî êîìèòåò çàäà÷à MASC

Ñ.Ñòåíèí. Ìóëüòèãðàììíûå àääèòèâíî ðåãóëÿðèçîâàííûå òåìàòè÷åñêèå ìîäåëè. 2015.
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Ìíîãîÿçû÷íûå ìîäåëè ïàðàëëåëüíûõ êîëëåêöèé

Äëÿ ïîñòðîåíèÿ ìíîãîÿçû÷íûõ òåì äîñòàòî÷íî èìåòü ïàðíûå

äîêóìåíòû, áåç âûðàâíèâàíèÿ, áåç äâóÿçû÷íûõ ñëîâàðåé!

I. Vuli�
, W.De Smet, J. Tang, M.-F.Moens. Probabilisti
 topi
 modeling in

multilingual settings: an overview of its methodology and appli
ations. 2015
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Êëàññè�èêàöèÿ è ðåãðåññèÿ íà òåêñòàõ

Ïðèìåð. Ìíîãîÿçû÷íàÿ ìîäåëü Âèêèïåäèè

216 175 ðóññêî-àíãëèéñêèõ ïàð ñòàòåé. ßçûêè � ìîäàëüíîñòè.

Ïåðâûå 10 ñëîâ è èõ âåðîÿòíîñòè p(w |t) â %:

Òåìà �68 Òåìà �79

resear
h 4.56 èíñòèòóò 6.03 goals 4.48 ìàò÷ 6.02

te
hnology 3.14 óíèâåðñèòåò 3.35 league 3.99 èãðîê 5.56

engineering 2.63 ïðîãðàììà 3.17 
lub 3.76 ñáîðíàÿ 4.51

institute 2.37 ó÷åáíûé 2.75 season 3.49 �ê 3.25

s
ien
e 1.97 òåõíè÷åñêèé 2.70 s
ored 2.72 ïðîòèâ 3.20

program 1.60 òåõíîëîãèÿ 2.30 
up 2.57 êëóá 3.14

edu
ation 1.44 íàó÷íûé 1.76 goal 2.48 �óòáîëèñò 2.67


ampus 1.43 èññëåäîâàíèå 1.67 apps 1.74 ãîë 2.65

management 1.38 íàóêà 1.64 debut 1.69 çàáèâàòü 2.53

programs 1.36 îáðàçîâàíèå 1.47 mat
h 1.67 êîìàíäà 2.14

Àñåññîð îöåíèë 396 òåì èç 400 êàê õîðîøî èíòåðïðåòèðóåìûå.

Vorontsov, Frei, Apishev, Romov, Suvorova. BigARTM: Open sour
e library for

regularized multimodal topi
 modeling of large 
olle
tions. AIST-2015.
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Ïðèìåð. Ìíîãîÿçû÷íàÿ ìîäåëü Âèêèïåäèè

216 175 ðóññêî-àíãëèéñêèõ ïàð ñòàòåé. ßçûêè � ìîäàëüíîñòè.

Ïåðâûå 10 ñëîâ è èõ âåðîÿòíîñòè p(w |t) â %:

Òåìà �88 Òåìà �251

opera 7.36 îïåðà 7.82 windows 8.00 windows 6.05


ondu
tor 1.69 îïåðíûé 3.13 mi
rosoft 4.03 mi
rosoft 3.76

or
hestra 1.14 äèðèæåð 2.82 server 2.93 âåðñèÿ 1.86

wagner 0.97 ïåâåö 1.65 software 1.38 ïðèëîæåíèå 1.86

soprano 0.78 ïåâèöà 1.51 user 1.03 ñåðâåð 1.63

performan
e 0.78 òåàòð 1.14 se
urity 0.92 server 1.54

mozart 0.74 ïàðòèÿ 1.05 mit
hell 0.82 ïðîãðàììíûé 1.08

sang 0.70 ñîïðàíî 0.97 ora
le 0.82 ïîëüçîâàòåëü 1.04

singing 0.69 âàãíåð 0.90 enterprise 0.78 îáåñïå÷åíèå 1.02

operas 0.68 îðêåñòð 0.82 users 0.78 ñèñòåìà 0.96

Àñåññîð îöåíèë 396 òåì èç 400 êàê õîðîøî èíòåðïðåòèðóåìûå.

Vorontsov, Frei, Apishev, Romov, Suvorova. BigARTM: Open sour
e library for

regularized multimodal topi
 modeling of large 
olle
tions. AIST-2015.
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Ìóëüòèìîäàëüíûå òåìàòè÷åñêèå ìîäåëè

Êëàññè�èêàöèÿ è ðåãðåññèÿ íà òåêñòàõ

Òåìàòè÷åñêàÿ ìîäåëü multi-label êàòåãîðèçàöèè

Îáó÷àþùèå äàííûå: C � ìíîæåñòâî êëàññîâ (êàòåãîðèé);

Cd ⊆ C � êëàññû, ê êîòîðûì d îòíîñèòñÿ;

C ′
d ⊆ C � êëàññû, ê êîòîðûì d íå îòíîñèòñÿ.

p(c |d) =
∑

t∈T

φctθtd � ëèíåéíàÿ ìîäåëü êëàññè�èêàöèè

Ïðàâäîïîäîáèå âåðîÿòíîñòíîé ìîäåëè áèíàðíûõ äàííûõ:

R(Φ,Θ) = τ
∑

d∈D

∑

c∈Cd

ln
∑

t∈T

φctθtd +

+ τ
∑

d∈D

∑

c∈C ′

d

ln
(

1−
∑

t∈T

φctθtd

)

→ max

Ïðè C ′
d = ∅, ndc = [c∈Cd ] ýòî ïðàâäîïîäîáèå ìîäàëüíîñòè C .

Rubin T.N., Chambers A., Smyth P., Steyvers M. Statisti
al topi
 models for

multi-label do
ument 
lassi�
ation. 2012.
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�åãóëÿðèçàòîð äëÿ çàäà÷ ðåãðåññèè

yd ∈ R äëÿ âñåõ äîêóìåíòîâ d � îáó÷àþùèå äàííûå.

E (y |d) =
∑

t∈T

vtθtd � ëèíåéíàÿ ìîäåëü ðåãðåññèè, v ∈ R
|T |

.

�åãóëÿðèçàòîð � ñðåäíåêâàäðàòè÷íàÿ îøèáêà (ÌÍÊ):

R(Θ, v) = −τ
∑

d∈D

(

yd −
∑

t∈T

vtθtd

)2
→ max

Ïîäñòàâëÿåì, ïîëó÷àåì �îðìóëû Ì-øàãà:

θtd = norm
t∈T

(

ntd + τvtθtd

(

yd −
∑

t∈T

vtθtd

))

;

v = (ΘΘò)−1Θy .

Sokolov E., Bogolubsky L. Topi
 Models Regularization and Initialization for

Regression Problems // CIKM-2015 Workshop on Topi
 Models. ACM.
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Ïðèìåðû çàäà÷ ðåãðåññèè íà òåêñòàõ

MovieReview [Pang, Lee, 2005℄

d � òåêñò îòçûâà íà �èëüì

yd � ðåéòèíã �èëüìà (1..5), ïîñòàâëåííûé àâòîðîì îòçûâà

Salary (kaggle.
om: Adzuna Job Salary Predi
tion)

d � îïèñàíèå âàêàíñèè, ïðåäëàãàåìîé ðàáîòîäàòåëåì

yd � ãîäîâàÿ çàðïëàòà

Yelp (kaggle.
om: Yelp Re
ruiting Competition)

d � îòçûâ (íà ðåñòîðàí, îòåëü, ñåðâèñ è ò.ï.)

yd � ÷èñëî ãîëîñîâ ¾useful¿, êîòîðûå ïîëó÷èò îòçûâ

Ïðîãíîçèðîâàíèå ñêà÷êîâ öåí íà �èíàíñîâûõ ðûíêàõ

d � òåêñò íîâîñòè

yd � èçìåíåíèå öåíû â ïîñëåäóþùèå 10�60 ìèíóò

B. Pang, L. Lee. Seeing stars: Exploiting 
lass relationships for sentiment


ategorization with respe
t to rating s
ales // ACL, 2005.

Ê.Â. Âîðîíöîâ (k.v.vorontsov�physte
h.edu) ÏÌÌÎ: òåìàòè÷åñêîå ìîäåëèðîâàíèå 32 / 43



Âåðîÿòíîñòíîå òåìàòè÷åñêîå ìîäåëèðîâàíèå
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Ìîäåëèðîâàíèå âçàèìîñâÿçåé â òåêñòàõ

Ñâÿçè ìåæäó ñëîâàìè

Ñâÿçè ìåæäó äîêóìåíòàìè

Ñâÿçè ìåæäó òåìàìè

Ìîäåëè ñåòè ñëîâ WTM, WNTM äëÿ êîðîòêèõ òåêñòîâ

Èäåÿ: ìîäåëèðîâàòü íå äîêóìåíòû, à ñâÿçè ìåæäó ñëîâàìè.

du � ïñåâäî-äîêóìåíò, îáúåäèíåíèå âñåõ êîíòåêñòîâ ñëîâà u

(êîíòåêñò � êîðîòêîå ñîîáùåíèå / ïðåäëîæåíèå / îêíî ±h ñëîâ)

nuw � ÷èñëî âõîæäåíèé ñëîâà w â ïñåâäî-äîêóìåíò du.

Òåìàòè÷åñêàÿ ìîäåëü êîíòåêñòîâ, ðàçëîæåíèå W×W -ìàòðèöû:

p(w |du) =
∑

t∈T

p(w |t)p(t|du) =
∑

t∈T

φwtθtu

Ìàêñèìèçàöèÿ ëîãàðè�ìà ïðàâäîïîäîáèÿ:

∑

u,w∈W

nuw log
∑

t∈T

φwtθtu → max
Φ,Θ

Berlin Chen. Word Topi
 Models for spoken do
ument retrieval and trans
ription.

ACM Trans., 2009.

Yuan Zuo, Ji
hang Zhao, Ke Xu. Word Network Topi
 Model: a simple but general

solution for short and imbalan
ed texts. 2014.
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Ñâÿçè ìåæäó ñëîâàìè

Ñâÿçè ìåæäó äîêóìåíòàìè

Ñâÿçè ìåæäó òåìàìè

WN-ARTM íà çàäà÷àõ ñåìàíòè÷åñêîé àíàëîãèè ñëîâ

Äâà ïîäõîäà ê ñèíòåçó âåêòîðíûõ ïðåäñòàâëåíèé ñëîâ:

WN-ARTM: èíòåðïðåòèðóåìûå ðàçðåæåííûå êîìïîíåíòû

word2ve
: èíòåðïðåòèðóåìûå âåêòîðíûå îïåðàöèè

Îïåðàöèÿ �åçóëüòàò WN-ARTM �åçóëüòàò word2ve


king � boy + girl

queen, prin
ess,

lord, prin
e

queen, prin
ess,

regnant, kings

mos
ow � russia + spain

madrid, bar
elona,

aires, buenos

madrid, bar
elona,

valladolid, malaga

india � russia + ruble

rupee, birbhum,

pradesh, madhaya

rupee, rupiah,

devalued, debased


ars � 
ar + 
omputer


omputers, software,

servers,

implementations


omputers, software,

hardware,

mi
ro
omputers

A.Potapenko, A.Popov, K.Vorontsov. Interpretable probabilisti
 embeddings: bridging

the gap between topi
 models and neural networks. AINL-6, 2017.
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Ñâÿçè ìåæäó òåìàìè

�åãóëÿðèçàòîð Θ äëÿ ó÷¼òà ñâÿçåé ìåæäó äîêóìåíòàìè

Öåëü: óëó÷øèòü òåìû, èñïîëüçóÿ ññûëêè èëè öèòèðîâàíèÿ

(åñëè äîêóìåíòû ññûëàþòñÿ äðóã íà äðóãà, òî èõ òåìû áëèçêè):

ndc � ÷èñëî ññûëîê èç d íà c .

Ïîâûøàåì ñõîäñòâî (ñêàëÿðíûå ïðîèçâåäåíèÿ) òåìàòè÷åñêèõ

âåêòîðíûõ ïðåäñòàâëåíèé ñâÿçàííûõ äîêóìåíòîâ θd , θc :

R(Θ) = τ
∑

d,c∈D

ndc
∑

t∈T

θtdθtc → max .

Ïîäñòàâëÿåì, ïîëó÷àåì åù¼ îäèí âàðèàíò ñãëàæèâàíèÿ:

θtd = norm
t

(

ntd + τθtd
∑

c∈D

ndcθtc

)

.

Laura Dietz, Ste�en Bi
kel, Tobias S
he�er. Unsupervised predi
tion of 
itation

in�uen
es. ICML-2007.
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Ìîäåëè, ó÷èòûâàþùèå öèòèðîâàíèÿ èëè ãèïåðññûëêè

Ó÷¼ò ññûëîê óòî÷íÿåò òåìàòè÷åñêóþ ìîäåëü

Òåìàòè÷åñêàÿ ìîäåëü âûÿâëÿåò âëèÿòåëüíûå ññûëêè

Laura Dietz, Ste�en Bi
kel, Tobias S
he�er. Unsupervised predi
tion of 
itation

in�uen
es. ICML-2007.
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Èåðàðõè÷åñêèå òåìàòè÷åñêèå ìîäåëè

ñòðóêòóðà èåðàðõèè: äåðåâî / ìíîãîäîëüíûé ãðà�

íàïðàâëåíèå: ñíèçó ââåðõ / ñâåðõó âíèç / îäíîâðåìåííî

íàðàùèâàíèå: ïîâåðøèííîå / ïîñëîéíîå
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Ïîñëîéíîå ïîñòðîåíèå òåìàòè÷åñêîé èåðàðõèè

Øàã 1. Ñòðîèì ìîäåëü ñ íåáîëüøèì ÷èñëîì òåì.

Øàã k. Ïóñòü ìîäåëü ñ ìíîæåñòâîì òåì T óæå ïîñòðîåíà.

Ñòðîèì ìíîæåñòâî äî÷åðíèõ òåì S (subtopi
s), |S | > |T |.

�îäèòåëüñêèå òåìû ïðèáëèæàþòñÿ ñìåñÿìè äî÷åðíèõ òåì:

∑

t∈T

nwt ln p(w |t) =
∑

t∈T

nwt ln
∑

s∈S

p(w |s)p(s|t) → max
Φ,Ψ

,

ãäå p(s|t) = ψst , Ψ = (ψst)S×T � ìàòðèöà ñâÿçåé.

�îäèòåëüñêàÿ Φp ≈ ΦΨ, îòñþäà ðåãóëÿðèçàòîð ìàòðèöû Φ:

R(Φ,Ψ) = τ
∑

t∈T

∑

w∈W

nwt ln
∑

s∈S

φwsψst → max .

�îäèòåëüñêèå òåìû t � ïñåâäî-äîêóìåíòû ñ ÷àñòîòàìè ñëîâ nwt .
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Ïîñòðîåíèå âòîðîãî óðîâíÿ èåðàðõèè ñ ïîäòåìàìè S

Â êîëëåêöèþ äîáàâëÿþòñÿ |T | ïñåâäîäîêóìåíòîâ ðîäèòåëüñêèõ

òåì ñ ÷àñòîòàìè òåðìîâ nwt = τntφwt , t ∈ T

ðîäèòåëüñêèé

óðîâåíü

äî÷åðíèé

óðîâåíü

Ìàòðèöà ñâÿçåé òåì ñ ïîäòåìàìè Ψ =
(

p(s|t)
)

îáðàçóåòñÿ

â ñòîëáöàõ ìàòðèöû Θ, ñîîòâåòñòâóþùèõ ïñåâäîäîêóìåíòàì.

Chirkova N.A., Vorontsov K.V. Additive regularization for hierar
hi
al multimodal topi


modeling. JMLDA, 2016.
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CTM: ìîäåëü êîððåëèðîâàííûõ òåì

David Blei, John La�erty. A Correlated Topi
 Model of SCIENCE, 2007.
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Ìíîãîìåðíîå ëîã-íîðìàëüíîå ðàñïðåäåëåíèå

Ìîòèâàöèÿ. Òåìû ìîãóò êîððåëèðîâàòü: ¾ñòàòüè ïî àðõåîëîãèè

÷àùå ñâÿçàíû ñ èñòîðèåé è ãåîëîãèåé, ÷åì ñ ãåíåòèêîé¿.

Öåëè: îöåíèòü êîððåëÿöèè, âûÿâèòü ìåæäèñöèïëèíàðíûå ñâÿçè,

óëó÷øèòü ðàñïðåäåëåíèÿ p(t|d) ñ ó÷¼òîì ýòèõ ñâÿçåé.

�èïîòåçà. Âåêòîð-ñòîëáöû θd ïîðîæäàþòñÿ |T |-ìåðíûì
ëîã-íîðìàëüíûì ðàñïðåäåëåíèåì ñ êîâàðèàöèîííîé ìàòðèöåé S :

p(ηd |µ,S) =
1

(2π)
n
2 |S |

1
2

exp
(

−1
2(ηd − µ)òS−1(ηd − µ)

)

,

ãäå ηd = (ηtd )t∈T � âåêòîðû äîêóìåíòîâ, ηtd = ln θtd ,

µ, S � ïàðàìåòðû ãàóññîâñêîãî ðàñïðåäåëåíèÿ,

(θtd ) = SoftMax(ηtd ) =
exp(ηtd )

∑

s exp(ηsd )
.

David Blei, John La�erty. A Correlated Topi
 Model of SCIENCE, 2007.
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Âåðîÿòíîñòíîå òåìàòè÷åñêîå ìîäåëèðîâàíèå

�åãóëÿðèçàòîðû è ìîäàëüíîñòè

Ìîäåëèðîâàíèå âçàèìîñâÿçåé â òåêñòàõ

Ñâÿçè ìåæäó ñëîâàìè

Ñâÿçè ìåæäó äîêóìåíòàìè

Ñâÿçè ìåæäó òåìàìè

�åãóëÿðèçàòîð ìîäåëè êîððåëèðîâàííûõ òåì CTM

Ìàêñèìèçàöèÿ ïðàâäîïîäîáèÿ âûáîðêè âåêòîðîâ ηd = (ηtd ):
∑

d∈D

ln p(ηd |µ,S) → max .

�åãóëÿðèçàòîð ñ ïàðàìåòðàìè µ, S :

R(Θ) = −
τ

2

∑

d∈D

(ηd − µ)òS−1(ηd − µ) → max .

Ôîðìóëû M-øàãà (S , µ îáíîâëÿþòñÿ â êîíöå êàæäîé èòåðàöèè):

θtd = norm
t∈T

(

ntd − τ
∑

s∈T

S−1
ts

(

ln θsd − µs
)

)

;

µ =
1

|D|

∑

d∈D

ln θd ;

S =
1

|D|

∑

d∈D

(

ln θd − µ)
(

ln θd − µ)ò.
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�åçþìå

Òåìàòè÷åñêîå ìîäåëèðîâàíèå � ìÿãêàÿ êëàñòåðèçàöèÿ,

àâòîêîäèðîâùèê, ñòîõàñòè÷åñêîå ìàòðè÷íîå ðàçëîæåíèå,

íî âåñüìà ïîñðåäñòâåííàÿ ÿçûêîâàÿ ìîäåëü

Ñòàíäàðòíûå ìåòîäû � PLSA è LDA

Íåñòàíäàðòíûå � îãðîìíîå ðàçíîîáðàçèå ðåãóëÿðèçàòîðîâ

Àääèòèâíàÿ ðåãóëÿðèçàöèÿ � ìíîãîêðèòåðèàëüíàÿ

îïòèìèçàöèÿ è âîçìîæíîñòü êîìáèíèðîâàíèÿ ìîäåëåé

Áàéåñîâñêîå îáó÷åíèå PTM � ¾èç ïóøêè ïî âîðîáüÿì¿

Â ARTM òå æå ìîäåëè âûâîäÿòñÿ íàìíîãî ïðîùå �

ñ ïîìîùüþ ëåììû î ìàêñèìèçàöèè íà ñèìïëåêñàõ

Ýòà ëåììà ïðèìåíèìà äàëåêî çà ïðåäåëàìè PTM

Jordan Boyd-Graber. Appli
ations of Topi
 Models. 2017.

Rob Chur
hill, Lisa Singh. The Evolution of Topi
 Modeling. 2022.

Ê.Â.Âîðîíöîâ. Âåðîÿòíîñòíîå òåìàòè÷åñêîå ìîäåëèðîâàíèå: òåîðèÿ ARTM

è ïðîåêò BigARTM. 2017�2023.

http://www.ma
hinelearning.ru/wiki/images/d/d5/Voron17survey-artm.pdf
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